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A DUAL AHHILILATORS AND
DIRECT SUMMANDS

Eaman Al-Khouja®  Hamza Hakmi’®  Halla Hassan Msto®

Abstract

The submodules of some module played an important role in
studying the module itself and knowing some of its properties and
the properties of its endomorphism ring.

In this scientific paper we study the role which play the
annihilator and dual annihilator of submodules of some module,
that when there are direct summands.

We proved the endomorphism ring of some module is
regular if and only if the annihilator of the kernel and the dual
annihilator of image every endomorphism of this module, are direct
summands in it.

Also, we proved that the endomorphism ring of some
module is semi-potent with zero Jacobson radical if and only if the
annihilator of kernel and the dual annihilator of image every
endomorphism contains direct summands of it is.

Furthermore, we proved that the endomorphism ring of
semi-projective module is regular if and only if the dual annihilator
of image every endomorphism is direct summands in it.

In addition to that, we proved that the endomorphism ring of
semi-injective module is regular if and only if the annihilator of
kernel every endomorphism is direct summands in it.

Key Words: Regular ring, Semi-potent ring, Annihilator, Dual
annihilator, Semi-projective module, Semi-injective module.
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